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NOTES

A NOTE ON WEAKLY DOMINATED EXPERIMENTS

By R. V. RAMAMOORTHI
Michiyan State University
und
K. K. hoy
Indian Statistical Institute
SUMMARY. Let @ = (N, g, ) boan oxperiment. Musamann and Luachgy (1085)
showed that if tho di iom ol @ iva bla eardinal, then weak domination of »

inplics that every measurs duminated by 2 lus a nupport.  In this nole wo give an |examplo o
show that the conveme is net truo.  The example also answers anothior question raised by Mus.
mann nnd Lusehgy.

1. InTropucTION

Let & = (X, _A. ) Lo an experiment, where X i3 a set, A a o.algobra of
subsets of X and 2 o family of probability measures on (X, A). & is said to be
weakly dominated if thero is a semi-finite Joealizablo measure ;¢ which dominates
P and pC L(p). Sco Luxchgy and Mussmann (1983) for detaits.

Let Ca{@) be the seb of all hounded measures on (X, A). A positive bounded
measare v on (X, A) ix aidd to have o &-support if thero is an S in A such that
WS¢ =0 and WS E) = 0 implics P(S() £) =0 for alt P in 2,

Define U(&), 1(&) by

U{&) = (v € Ca(&) : |v| hna n &-xupport}
1(8) ={veCul@): % P e P, I(A) =0 > {d) =0).
Mussmann and Luschgy (1985) raise tho following questions :
(i) Does V(&) C U(&) imply & is weakly dominated 2 (Pago 185)
(i) Does U(&) = Ca(&) imply & in weakly dominated 1 (Page 189).

Below we give an examplo which answers both tho questions in the negative.
This oxamplo firat appeared in Ramamoorthi and Yamada (1983).

2. Tue EXAMPLE
Lot ¥ bo o subset of (0,1 of enrdinality, z,. Tet X = Yy(=Y)
A = {4 C X:3 Bsymmetric about 0 anch that A A B is countable)

P = (P, ze X} whero P, in tho degencrate measuro at z.
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1f » is any moasuro on (X, A), then v is discrolo.  This follows by noting that
A restrictod to Y and —Y gives reapeetively tho power ect on Y and —Y and
then a theorem of Ulam (1030) gives that v restricted to Y and =Y is disereto.
Wo thus have

(O] (&) = Ca(&)
(v U8y = re&)

Howover & is not weakly dominated. I s is any measuro dominating # then
p{x)> 0 for ze X and Iy ze ¥} will not havo a p-ersential anpremum in A.
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